CHAPTER 4
CONCLUSION

In this study, we foﬁnd that:
1. Some properties of (I, <)

1.1 (I,,, <) is a partially ordered set.
1.2 For each m € I, m is a minimal element of (Z, \ {1}, <) if and only if

. m is a prime number.

_ . 13 For each z,y € I,, if ¢ <,e y and ¢ € D, then z ty.

1.4 For each M € I,, M is a maximal element of (I, <) if and only. if
MeD,
1.5 The number of elements in D, is 7 — [g J

1.6 (1, <) isa complete lower semilattice.

2. Regularity of O(L,)
' 2.1 n <pq 3, then O(1y,) is regular.
22Ifn >, 4, theﬁ O(1,) is not regular.
2.3 O(I,) is regular if and only if n <, 3.
2.4 If X is isolated, then O(X) is regular.
2.5 Let X be a partially ordere& set such that X = YU Z where |V]| >0 2
~ and there exist a,.n € Y with a < fﬁ; and Y, Z are disjoint partially ordered
sets. Then O(X) is not regular.
2.6 Let X be a proper partially ordered subset of Z;. Then O(X) is regular
~ if and only if X is one of the following forms :
() TL is & chain, ' |
(2) [l ={a1,02,03 : a1 < az and a; < a3 and {az, as} is isolated },
(3) I1, is isolated. _
2.7 Let X be a proper partially ordered subset of J5. Then O(X) is regular
if and only if X is one of the following forms :
(1) T1, is & chain,
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@) Il, = {a1, 02,03 : a; < ag, a1 < a3 and {ag, az} is isolated },
(3) IT; ={a:,02,a3,04: a; <a; forall i = 2,3,4 and {a,,a3,04} is
isolated }, o
(4) 1, is isolated.
28 Let X = {a1,05,a,04 : @y < a3, a1 < ag, a3 < ay; and {a;, a5},
{as, as} are isolated } be a partially ordered set. Then any order preserving
-permuta.tion of X equals to 1, the identity map on X.
29 Let X = {a1,05,03,0: 1 a1 < a3, a1 < a4, a3 < aq; and {ay, a5}, {az, a4}
are isolated } be a partially ordered set. Then O(X) is regular.
210 Let X = {a1,09,03,04,05 : a3 < a4, a2 < a4, ag < a5 and a3 < a5; and
{a1, 09,03}, {al,a5}‘é.nd {a3,a,4}7 are isolated } be a partially ordered
' set; Then O(X) is not regular. - |
2.11Let X = {a1,02,03,a4,05 : a1 < ag, 01 < 4y, @3 <uganday < as; and
{as,as, a5}, {a1,as} and {ay,a3} are isolated } be a partially ordered
set. Then O(X) is not regular.
2.12 Let o € O(I,). If there exist z,y € ran o such that z < y and za™!
and yo~! are disjoint partially ordered sets, then « is not regular.
2.13 Let o« € O(1,,)-
(1) If « is regular, then for all ,y € ran o,z < y implies zo! and yo !
are not disjoint partially ordered sets.
(2) If 1 € ran o, then la = 1.
2.14 Let o € O(I,) with ran o = {a,, ag', cilip } Then « is regular if and
only if the following conditions hold:
(1) There exists A, such that the maﬁ @ :ran ¢ — A, define by a;p = b;
| .for all ¢ is order preserving. .
(2) If B, # 0, then lem(A,(x)) € I, for all z € B,,.

3. Maximal Subgroup of O(I,)
3.1 Let e be any idempotent of O(I,,). For each a € O(I,)), e = o = ea if
and only if ran o C ran € and w, C 7.

32 Let a,8 € I,. If aff = e = fa, then ran a = ran e = ran 2 and
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o == e == Tg.

3.3 Let o, 8 € I, and o, 4 are the permutations of o and f respectively.
If off = e = fa, then 06 = 1, = bo.

3.4 For each o € L, af = e = Pa for some g € I, if and only if
Ny = Mg = ﬂ”g-, ran a.= ran e =ran  and ¢d = 1)y = b where 7,0

are the permutations of @ and 5 respectively.

35Let Hh={oc€l,: off = e = B for some § € I,}. Then H, is a
maximal subgroup of O(1,).



